We study in this paper the concept of bounded point evaluations for cyclic operators. We give a negative answer to a question of L.R. Williams Dynamic Systems and Applications 3(1994) 103-112. Furthermore, we generalize some results of Williams and give a simple proof of theorem 2.5 of [?] that nonnormal hyponormal weighted shifts have fat local spectra.
introduction
Throughout this paper, L(H) will denote the algebra of all linear bounded operators on a
Hilbert space H. For an operator S G L(H), let S* denote its adjoint, σ(S) its spectrum, σ p (S)
its point spectrum, σ ap (S) its approximate spectrum, Γ(S) its compression spectrum, r(S) its spectral radius, m(S) its lower bound (i.e., inf {||5a;|| : ||a;|| = l}) and r1(S) = supm(S n )n n which equals limm(S n )n1. For F c C, we denote by F = {z : zeC) its conjugate set, int(F) n its interior and cl(F) its closure. 
Let T G L(H)
is an eigenvector of T* associated to the eigenvalue λ, we get
Hence (x , k(X)) / 0 and λ G Γ(T). Which gives Proposition 1.1. B(T) = Γ(T) = <r p (T*).
An open subset O of C is said to be an analytic set for T if it is contained in B(T) and the In this paper, section 2, we first give necessary and sufficient conditions for weighted shifts to satisfy (*) and we exhibit an operator which provides a negative answer to the question of We now describe the set of bounded point evaluations and the set of analytic bounded point evaluations for an arbitrary injective unilateral weighted shift. Let S be a unilateral weighted shift on a Hilbert space H with a positive weight sequence (w ra ) ra >o, that is
where (e ra ) ra >o is an orthonormal basis of H. Let β be the following sequence given by:
The unilateral weighted shift S is cyclic with cyclic vector e0. For the weighted shift S, the spectrum σ(S) is known to be the disk {A G C : |λ| < r(S)}, and the approximate point spectrum σ ap (S) is known to be the annulus {A G C : r1(S) < |λ| < r s i» r(S) where r1(S) = lim inf %^ (see [?] ). Therefore,
Proof. Let λ G B(S) then there is k(λ) G H such that p(λ) = (p(S)
Hence we have the following theorem.
Theorem 2.2. Let S be a weighted shift. Then, Γ(S)\σ ap (S) = B a (S) if and only if r1(S) = r 2 (S).
A negative answer to the question A (see [?] ) can be given by a unilateral weighted shift S for which r1(S) < r 2 (S).
Let us consider an example of a such weighted shift. 
Question: Does the interior of B(T) always coincide with B a (T) for an arbitrary cyclic operator T G L(H)?

local spectra of cyclic operators with dunford's condition c
Let T be a bounded operator on a complex Hilbert space H. For an element x G H, let σ T (x) be its local spectrum and ρ T (x) be its local resolvent (see [?]). For a closed subset F of the complex plane C, let H T (F) be the set of elements x G H such that σ T (x)
C
Theorem 3.1. Let T G L(H) be a cyclic operator on H with cyclic vector x G H and let S G L(H) be an operator on H which commutes with T such that ker(S'*) is finite dimensional.
IfT satisfies DCC and σ p (T) = 0 then σ T (Sx) = σ(T).
We prove this theorem using several lemmas. The following two lemmas are given in [?].
Lemma 3.2. Let T G L(H) be a cyclic operator on H with a cyclic vector x G H. IfT satisfies DCC then σ T (x) = σ(T).
Lemma 3.3. Suppose that H = H1 © H2 where H1 and H2 are two Hilbert spaces such that H2 is finite dimensional. If T has the single valued extension property and H1 is an invariant subspace for T then A = T| H1 has the single valued extension property and σ A (x) = σ T (x) for
every x G H1.
Lemma 3.4. Suppose that H = Hi®H2 where H1 and H 2 are two Hilbert spaces such that H 2 is finite dimensional. If H1 is an invariant subspace for an operator T which satisfies DCC then the operator A = T| H1 satisfies the DCC.
Proof. It follows from Lemma 3.3 that for every closed subset F of C, H1 A (F) = H T (F) n H 1 .
So, the desired result holds.
Lemma 3.5. Suppose that H = H1 © H2 where H1 and H2 are two Hilbert spaces such that H2 is finite dimensional. IfTE L(H) is an operator without point spectrum such that H1 is an invariant subspace for T then σ(T) = σ (A) where A = T| H1 .
Proof. We first write We state and give a simple proof of Theorem 2.5 of [?] using the fact that a non-zero analytic function has isolated zeros.
T-\
A
Theorem 3.7. Let T be a nonnormal hyponormal weighted shift on H. Then for every a non-zero element x G H, σ T (x) = σ(T).
Proof.
First suppose that T is a nonnormal hyponormal unilateral weighted shift, then 
r(T) = r1(T) = r 2 (T) = \\T\\ > 0 and by Theorem 2.1 we have B a (T) = int(a(T)). Now, let x G H such that there is λ e σ(T)\σ T (x).
